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Toeplitz operators on L2
a(C+)
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Abstract

In this paper we show that if a ∈ D and R and S are two bounded
linear operators from L2

a(C+) into itself, such that RTψ1
S = Tψ1◦ta for

all ψ1 ∈ L∞(C+), then there exist α, β ∈ C such that R = αVa, S =

βVa and αβ = 1. Here ta(s) = −ids+(1−c)
(1+c)s+id and Vaf = (f ◦ ta)la, f ∈

L2
a(C+) where la(s) = 1−|a|2

((1+c)s+id)2 . Let A =
{
Tφ : φ ∈ C∞c (C+)

}
and

T = Cl A, where Cl A denotes the closure of A in L(L2
a(C+)). Let

A be the smallest closed algebra generated by the Toeplitz operators
Tφ, φ ∈ L∞(C+) in L(L2

a(C+)). In this paper we further show that the
set of all Toeplitz operators defined on the Bergman space L2

a(C+) of
the right half plane with essentially bounded symbols is dense in the
strong operator topology in the space of all bounded linear operators.
As applications of these results we establish that there is no bounded
projection from L(L2

a(C+)) onto T and if Φ0 : A → L(L2
a(C+)) is a

linear isometry such that, for each pair of vectors f, g ∈ L2
a(C+),

sup{|〈Φ0(A)f, g〉| : A ∈ A and ||A|| = 1} = ||f |||g||,

then their exits a unique extension of Φ0 to a linear isometry, Φ, map-
ping L(L2

a(C+)) into itself.
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